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Abstract 

We present the two-loop /3-functions for non-standard soft supersymmetry- 
breaking couplings including non-standard R-parity violating soft terms 
in the Minimal Supersymmetric Standard Model 

1 Introduction 

It is known the MSSM is a gauge supersymmetric extension of the standard model, 
with the addition of a number of dimension 2 and dimension 3 supersymmetry-breaking 
mass and interaction terms. The model contains many new couplings, the soft SUSY 
breaking interactions, which are arbitrary in the low energy effective theory, and the 
reason for softly breaking terms are to avoid unwanted quadratic divergences. In order 
to reduce the huge soft susy parameters very specific scenarios have been made about 
physics at energies much higher than accessible energy such as mSUGRA and CMSSM. 
They require an = 1 supergravity theory at the Planck scale with a superpotential 
of a very special and poorly motivated form. To obtain experimental predictions, 
one should extrapolate the values of these couplings to the weak scale by using the 
renormalisation group equations. 

However a class of low-energy supersymmetric models can be constructed by imposing 
some quite mild assumptions about the structure of the low-energy theory. The high- 
energy origin of the models is irrelevant to this discussion. It is required that the fol- 
lowing hold at the weak scale. First, the theory has minimal particle content consistent 
with explaining the observed particles and being supersymmetric. This is the strongest 
of assumptions and is a reasonable starting point. Second, the theory must have no 



quadratic divergences. The absence of quadratic divergences is a major motivation for 
low-energy supersymmetry, and one should only allow all supersymmetry-breaking op- 
erators they do not cause quadratic divergences . To avoid quadratic divergences, one 
needs only to prohibit all dimension-four supersymmetry breaking interactions. To see 
this, notice that supersymmetry breaking is now accompanied by a mass parameter 
m, so that a quadratic divergence in an operator would have a coefficient proportional 
to A^m, where A is a cut-off scale. Only dimension-one operators could have such a 
coefficient. In theories with no scalars which are singlets under all symmetries of the 
theory, such an operator cannot occur. 

An advantage of the model which is based on the above assumptions is that the pa- 
rameter B is no longer dependent on the /i-parameter. We know in the CMSSM the B 
parameter is set proportional to /i, and a nonzero B is required for suitable electroweak 
symmetry breaking. Therefore, /i is required to be roughly of order 10^ or lO'^GeV , in 
order to allow a Higgs vev of order 174GeV. It is hard to understand why this param- 
eter should be so small, and the same size as terms in the supersymmetry-breaking 
potential. However it is possible to make a model (based on the above assumption), 
and in this model the parameter /j, is no longer required in the supersymmetric po- 
tential because the general breaking potential permits a B term which is in principle 
unrelated to the parameter fj,, so it is possible to set fi to zero Ref [2]. 

It is well known that the MSSM is not, in fact, the most general renormalisable 
field theory consistent with the requirements of gauge invariance and naturalness; 
the unbroken theory is augmented by a discrete symmetry (R-parity) to forbid a set 
of baryon-number and lepton-number violating interactions, and the supersymmetry- 
breaking sector omits both R-parity violating soft terms and a set of non-standard (NS) 
soft breaking terms. There is a large literature on the effect of R-parity violation; a 
recent analysis (with standard soft-breaking terms) and references appears in Refs. [3l 
SI El E]; for earlier relevant work see in particular Ref [7]. The need to consider NS 
terms in a model independent analysis was stressed in Ref. [8]; for a discussion of the 
NS terms both in general and in the MSSM context see Refs. [9l ll0lfTT| :and for model- 
building applications see for example Refs. (121 113] . For application of NS R-parity 
violating terms to leptogenesis, see Ref. [14) . 

In a previous paper Ref. JT^ we gave the one-loop /^-functions for non-standard param- 
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eters in the MSSM context. In this paper we extend the results to two loop corrections 
in the MSSM context. 

2 The new soft breaking terms 

The minimal supersymmetric standard model (MSSM) consists of a supersymmetric 
extension of the standard model, with the addition of a number of dimension 2 and 
dimension 3 supersymmetry-breaking mass and interaction terms. It became accepted 
when it was established that such a configuration is a natural consequence of super- 
gravity when supersymmetry is broken in a hidden sector. However in Ref [9] it has 
been shown there are the new non-standard soft supersymmetry breaking terms which 
have no quadratic divergences. These terms are allowed according to the more general 
philosophy explained in the previous section. Now we review their results for a general 
A'^ = 1 theory. We know the typical Lagrangian for the MSSM consists of two parts 

C — CsusY -\- CsOFT, (1) 

where Csusy is the Lagrangian for the supersymmetric gauge theory, containing the 
gauge multiplet(A^, A that is the gaugino) and a matter multiplet ( the spin-zero field 
and the spin-| fields ^i). We assume a superpotential of the form 

w = ir^^^i^-.^fc. (2) 

A renormalisable superpotential also contains quadratic and linear terms, but we as- 
sume there are no gauge singlet fields so there is no linear term, also we assume that 
an explicit quadratic term is not needed because such a term will be included as a 
special case from the new soft breaking terms Ref [9l [11]. A general soft breaking 
Lagrangian that prevents quadratic divergences is given by: 

CsoFT = {niy,^%j + {\h''%,<t>j^k + W'<^>^^J + iA/AA + h.c.) + CTolu (3) 

where Cg'^^t introduces further possible dimension 3 terms in the case of a wide range 
of theories which preserve naturalness. It is given by: 

-Cso/t = ^rl''(j>'(j)j(jik + \rri^ipiipj + m'^ipiXa + h.c. (4) 
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The ruA term is only possible in the presence of adjoint matter fields [B]- It is not 
an aspect of the MSSM, but often encountered in GUTs. Matter fermion mass terms 
{mp terms) and r^* terms can still guarantee absence of quadratic divergences if they 
satisfy [?]. 

- [mFUY'"' = (5) 
A solution to Eq (5.5) comes from modifying the superpotential W as follows: 

W + \{mF)^Ji^'^|}' (6) 

since this new superpotential gives the appropriate fermion mass and interaction. 
There are other possibilities, such as, 

rr = (mp),fc=0 (but rf /O). (7) 

Of course if there is no gauge singlet chiral superfields then r\-' — {■mF)ikY^-'^ — 
holds automatically. Therefore, in most cases in the MSSM we can keep these new 
soft breaking terms. 

2.1 Non-standard terms in the MSSM 

Now we present the case of the MSSM in the most general possible softly-broken 
version of the MSSM incorporating both R-parity violating (RPV) and non-standard 
(NS) terms. We include all possible soft supersymmetry breaking terms consistent with 
gauge invariance, which split the masses and couplings of particles and superpartners, 
but which do not remove the supersymmetric protection against large radiative cor- 
rections to scalar masses. It is interesting that, as we shall see, with the generalisation 
to the RPV case the connection between the NS terms and cubic scalar interactions 
involving supersymmetric mass terms is not universal. 

We review the MSSM Lagrangian including all terms which avoid quadratic diver- 
gences. The superpotential is defined by 

W = Wr + Wnr, (8) 

where Wr and Wnr have been given by Eq (4.2) and (4.3). However, we classify 
these parts again, and omit possible mass terms H1H2 and LH2 because they are the 
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consequent terms of non- standard soft terms. In this new structure the Wr and Wnr 
terms are given by 

Wr = YuQU''H2 + YaQD''Hi+Y,LE''Hi (9) 
Wnr = 1{Ae)E''LL+^{Au)U''U''D'' + {Ad)D''LQ. (10) 

where generation SU2{a,b ■ ■ ■), and SU3{a, P ■ ■ ■) indices are contracted in 

"natural" fashion from left to right, thus for example 



We show complex conjugation by lowering the indices, thus {Yu)ij = {Y*y-' . 
The complete soft-breaking terms are given by 



mlHiH2 + ^MiXiXi + h.c. 



+ huQVHi + haQD^m + heLE^m + h.c. , 



La = m^HlL + mjfLHi + ^heE^LL + IhuVD^D" 
+hDD''LQ + h.c, 

RqHIQU" + h.c, 

U = ruripLipH^ + RiL*QU'' + R2H1H2E'' + RsWE^D" 
+^R4QQD" + h.c, 



(11) 



(12) 



(13) 



(14) 



(15) 



where Li corresponds to SRPC(Standard R-parity Conserving), L2 indicates SRPV(Standard 
R-parity Violating), L3 shows NSRPC(Non-Standard R-parity Conserving) and L4 
corresponds to NSRPV(Non-Standard R-parity Violating) terms. These terms come 
from "pure " trilinears {(jxjxj)), "mixed" trilinears [(jxjxj)*), scalar {4'*<j>) masses, a 4>4> 
Higgs-boson mass-mixing, and -0?/; terms in Eq (5.4). 

We have separated the soft terms into Eqs. (5.38) and (5.39) because each group 
of couplings are not involved in the /3-functions of the other group of couplings. In 
the Lagrangian we have two interaction terms (ii3,4) which cannot be generated by 
supersymmetric mass terms. These terms violate baryon and lepton numbers(I/, B), 
so the effects of these two terms may be comparable to Ad, Ab and Au- 

The full one-loop /3-functions including NS soft terms and RPV terms have been 
presented in [11]. The full three loop /3-functions including soft standard /3-functions 
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have been presented in [TS]. The two loop gauge /3 functions and anomalous dimensions 
in the R-parity violating (RPV) case have been calculated in TT . In particular, Ref 
[6] contained a complete set of one-loop /3-functions for RPV parameters. The full two 
loop /3-functions for the RPV couplings have been presented in [3l[T8]. In this paper, 
we shall write down explicitly all possible R-parity violating terms in the framework 
of the Minimal Supersymmetric Standard Model, assuming the most general breaking 
of the MSSM incorporating both R-parity violating (RPV) and non-standard (NS) 
terms, and then compute results of two loop /3-functions for all non-standard (NS) 
parameters of the MSSM in the most general possible softly-broken version of the 
MSSM. Here we give the full two-loop /3-functions including NS soft terms and RPV 
terms. 

The two loop-/3-functions for -Ri. g are given as follows: 



(16^')'(/3<j'>)f = -2{Yif{Y,)kmC,o{Rs)j"' ^2{ADy^\AEUpkCeo{R,)j"' 
+2{ADr'\AnUn.CQ{Ri)r' - 2{YayP{ADUr.CQ{R9r^ 
+2{Y^y^{AD)mkpCaAR7)"^ - 4{A^y"'{AnU^CQ{R4)r 
+{AD)"'"{AEUpk{R-^)i""Cd, - 2(Kd)*"(V;)fc„(i?3)rC<i, 

+2{ADr''\ADUn.{Rl)rCL - 2{Ydy^{AD)pkm{R9r'CH, 
-2{Y^riAD)mkp{R7y'^CH, + 2(A^y"%ADUm{RA)TCi^ 

-f4(y„)™(ye)fc„(AB)™j„(ye)^"(i?9)''+4(Kd)™(v;)fe„(Ai,)™j„(AB)"'-''(j?i)«^' 
+4(yd)™(y;)fc„(Fd),,n(v;)™(J?i)?^-2(Ai,)'™'(Ac),fc4Ai,)p„,(Ai,)^™(i?i)?^' 

-2(yd)"(Ai,),fc„(yd),p(Ai,)^™(J?i)?^+4(Ai,)'""(AB)„,fe(AD)„p,(AB)"'-^(i?i)f 

-4(AB)™"(AB)„ife(yd)5™(ye)''"(i?l)?^+2(AD)'™(AD),fe„(AB)j,™,(yd)"''(i?9)''' 

+2(Ai,)'™(Ai,),fe„(ye)„,(Fd)"'-(7?3)^> + 2(Ai,)""'(Ai,),fe„(AB),p„(AD)'-*'"(i?3)^.' 

-2(yd)"(Ai5),fe„(ye)p,(AB)^''"(i?3)^/ + 2(yd)"(AB),fe„(rd),p(Fd)"''(i?9)''' 

-4(y„)'^(AD)„fe,(K),p(A[7)f™(i?4);'-4(A[7)^"'(Ai3),fc„(Fd),m(yd)""(J?4);' 
-4(At7)^'"'(Ai,),fe„(Az,)™j„(AD)'-*'"(i?4);'-4(Au)^™'(Az3),fe„(Ac/)p,™(yd)"^(i?7)'' 
-4(Au)^'"'(Ai,),fe„(Au),p„(Ai,)'"-"(Ei);'-4(Ay)^™'(AD)ifc„(Ac/),p™(y,)"''(i?9)'' 
-A{R,)^[Cl? - 2[Cc3]^(7?i)f - 2[C^.y{R^y^ 
-4{Riy^'Cu^CL - 4(i?i)f CqCi, 
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-2(i?4)t;(AD)„fei(Ay)^™C„. + 2{Rry'{Ao)ikn{Y^rC^^ 
-2{R3y^{AE)ink{ADr"'CQ - 2{Rsy^{Y,MYay^CQ 
-2{Rsy^{AnUiiYdy"CQ + 2(J^l)5^(Ac)„fc^(AD)""''CQ 
+2{R4yi{^D)„ki{Auy""'CL + 2{Riyi{AD)ikn{Yuy"CL 
+2(i?i)^(Ai,)„fe,(AD)"™CL - 2{R,y^{ADUi{Yiy"CL 
-(Ji3y^(AB)(,„(AD)"""Ci - 2{R3y^{Y,MYay"'CL 

-l2(y„)'^■(y„)^„(Ac,)"'•«(Ao).fcp(i^4)^ + 4(>"«)''■(>"«)mn(y.)'■"(Ai^u.(i^7)'"^ 
+i2(y„)'^(y„)„^(AD)'"^"(AB).fcp(J?i)r-i2(y.)'^(y.)n^(F.)"''(AB),fcp(it9)''"' 

-i2(y„)'^(y„)„„(Ac)'^"(ABW(i?3)r-i2(y„)^^(y„)„„(yd)"^(ye)fep(i?3)r 

+(AD)''"'(Ac),fc„(y„)"^(AD),^.(ie7)'''-(yd)''(AD),fc„(y„)"^(yd).«(ii7)"' 

-(AD)''"'(Ac)^fc„(y.)"^■(AB).,^(i^B)'""-(yd)''(AD)^fc„(y„)"^■(ye),.(i^B)^'■ 

-(AD)""^(AD)ife„(y„)"^(y)„,(i?2)'-(y.)'^(AD)„fe,(AD)"*''(y„),.(i?i)^'- 

-3(K)''(AD)n;ci(>'d)"(K),r(i?9)"'-2(y„)'^(y„)np(yu)''(AD).;ti(^7)"'' 

-4(y„)'''(Ac/)p„^(At/)^■'"'(AD)^fc.(J^7)"'■ + 4(Ac)^^'(AD)^p„(Ac,y'"'(Ao)^fc.(i^4)^ 

+4(yd)'''(yd)„^(Ac,)^"''(AD)ifcr(-R4)r + 2(AD)'''''(Ac,)„p^(At/)^"''(AD)ifc.(-Ri)r 

-4(yd)'^(Ac/)„p^(Ac7)^'"'(Ai,),fe.(i?9)"" + 4(y„)''^(Ac)„„j,(AD)'""(AB)wfe(i?5)"'' 

-4(Kr(yd)p^(AD)'""(AB)H;i(i?2)'--4(Kr(yd)p^(yd)™(ye)fe.(i?2)'- 

+4(y„)''^(AD)^„p(yd)''"(ye)fcr(-R5)"'"-4(Ac,)^'"'(ADW„(Ac)''"'(AD)(fc,(i?4)r 

+4{Auy'"'iAn)pm„{YdfiAn)ikr{R4)T - 18{Y^r {Y^)im{Ri)i"'CL 

-(AD)'""(AB)„fe,(i?3)i"ac + 2(AD)'™(AD),,„(/?i):;^ac 

-2(yd)*'(Ac)a„(ii9)"^C.c - 4(Ay)^'"'(Ac)i,4i?4);j:CQ 
+2(y„)'^(AD)„fci(-R7)'"CQ + 4{R4y:CQ{Auy'"'iADUi 
-2{R-rfCQiY^riAD)ik, - 2(i?i)J,^C„c(AB)''"'(Ao),fc; 

+2(i?9)'^C„c(yd)»9(Ai,),fc, + 2(i?3)i'C„c(Ao)"'''(A£),,, 

+2(i?3)4'c.c(yd)^"(ye)H + 4(i?i)^qc.c]2 

+4(iii)nCQ]' - 2(J?i)t'(Ac,)w(Ac,y'"^(7D)p 
-2(iti)i'(y„)„K>^.r(7Q)p - 2{RryiiY^UiY^r^i-yH,) 

HRlf^iJ^DUnliADr^^yL); - (i?l)i^(AB)„„,(ADr™'(7D)^ 

-{Riy^iY^ykiY^y^bu); - (iii)i^(y.);^(y.)^'"(7H.) 
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+ (J?l)i^(AD)w(Fd)™(7Hli.)n + {Riy^{Yd)lm{ADr''\7H,Lr 

-e{Yu)im{Yuf{Ri)r{7Q)l - e{YuU{Yuf{Ri)riiQ)l 

-2{R,)tCuc{iu)i - 2(i?i)L^CQ(7Q)i - 2(Jii)f C47i)i 

+2{KDt"{fVDUAlD)\\Ri)Z + 2{Yaf{AnUAlD)T{R9r 

-2{Aor'\^EUki^L)nR3rr^ - 2iYay'-{Y,),^{yH,){R3rri: 

+4(Ac,y'"'(Ac)„fcp(7o)r(Ji4)^ + 2{Yj^{AnUn{'rQ)?iR7y'' 

+2{Ydy"'{AEUkhH,Lr{R3yi + 2iAnr'HY.)kp{7H,L)l{R3yr^ 

-2{Anr'\AE)MR:i)7 i-fDrm - 2{Y,y^{Y,)UR3yp"{iDrm 

+2(AD)""'(Ac)ifc„(JZl);^(7i)^ - 2{Yaf{AD)ikn{R9r{'yH,) 
+4(Ac,y'"'(Ao)^fc„(i^4)^(7D)^ + 2iYj^ (AnUiiRry^hH,) 

-2{Yaf{An)iku{Ri);' iiH^Lf + 2(AD)""^(Ac),fe„(7?9)"'(7«ii)m 
+2(Ao)'™'(AB)i,47Q)^(iii)^^ - 2{Yay'{AD)ikn{-fQ);iR9r 

+2(AD)'"''(Fe)fc„(7i5)p(.R3yj - 2(yd)'"'(l^e)fc„(7s)?(-R3y^ 

+4(Ac,y'"'(Ac)ifcn(7Q)p(^?4)j^ + 2(y„)'^(Ac)„fci(7o)?(ii7)'^ 

-3(7?i);^(Ao)"""(Ao)pfe™(7i5)?^ - 3(i?i);^(Ao)'"'"(Ac)™fep(7Q)?; 

+3(ii9)'^(yd)™(AD)pfc^(7D)S + 3(i?9)'^(yd)""(AD)^fep(7Q)5; 

-2(i?i)f (AB)'"'"(AB)^fc^(7i)?; - (Jii)f (Ab)"""(AbU^(7b)^ 

(ye)'"(ye)fcp(7^=K - {Rl)nYey"'{Ye)km{lH,) 

HRiyHYey^iAEUpki-fLH.r + (AB)'"'"(ye)fe™(7Lifl)n 

-2{Riyn^9t + f 5I] + 2(ili)n^5^ - 453I 

+2(Jii)n^sN^ff|-4ff|] (16) 



(167r^)^(/3(j'])' = -6iYdr'iY^UCuc{R3)f-6iYdnY^)pm{R3)TCd^ 

-i2(yd)""(yu)!„(At/),p^(Ay)"'-''(7?3);'-i2(yd)""(K)i„(AD)^p,(y„f"(i?5)'' 
-i2(yd)''"(K)(„(ydW(y.)''"(ii2)' - 4(R2yic„,f - 6{R3)UYuU{Ydr"'CH, 

-2[Cff J^(i^2)' - 2[Cecf{R2y - A^R^yCH^CH^ 

-4(R2yc,cCH, - 6(7i3)J;(y„)„i(yd)"'"Cif, 
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-6(ye)"(Az,)„,„(rd)'-"(r„),j,(i?9)"^' + 6(ye)"(Ai,)„,„(AD)""'(y;).p(i?i)^'' 

-6(Fe)"(Ao)„i,„(Aj/)'-"^(y„)j,.(i?4)r + 6(ye)"(AD)„(,„(K)""(F.)p.(ie7)^'" 
-12(Fe)^'(AD)^p„(Fd)'"'(y„),.(i?9)"'"-12(AB)'^^(Ao)^p„(Fd)'"'(>;x)i.(i?i)r 

-G{Y,riYU{R2ycH, " 6(yd)'"(yd)i„(i?3):;'ae 

-2{R2yiAE)lnm{AEy''"'i^L); - 2{R2y{Ye)ml{Yer'{'rH,) 

-2iR2y{Y,u{Y,r{yL); - {R^yiYaUniYdr^hD); 

+3(i?2)'(Fd)n™(ydr"(7Q); - {R2yiY)nr.{Y,r"'{jL); 

-(flB)"(AB)w(Fer'"(7i.)p - {R5y'{AE)„mi{Yer^{'yE); 

+3{Rny\AnUm{Y,r''i7D); + SiRsfiAnUniYdT'^i'TQ); 

+ 2(i?2)'(ye),ni(AB)^^'"(7LHi)p " (i?2 ) ' ( Afi ) (F^ ) '"^ (7^^ 1 )" 
+ (i?5)"(ye)im(ye)^™(7i.Hl)p " 2(ye)„i (Fe)"' (i?2)^(7B)p - 
-2(ye)n^(ye)"'(J?2)'"(7«i) - 2(Ab) w(ye)"'(iiB)"^''(7B)p 
-2(AB)w(ye)'"(J?5r'"(7i)t - 6(Ao)i„^(ye)"'(i?7)'"^(7o)p 

-6(AD)w(ye)"(7?7r'"(7Q)p - 2(AB)w(ye)"(i?2)'"(7Lffi)' 

-2(ye)^„(ye)"'(i?5r'"(7i./fl)p - 2(ii2)'Cec(7£)? " 2(il2)' [Chi7Hi] 

-2(i?2)'[CH,7«2] - 6(yd)'"'(y.)np(7Q)r(Ji3)^ 
-6(yci)''"(y„)i„(i?3)r(7o)^ - Q(Y,y'-(YMfu);iR3rJi 

-3(i?2)^(y.)™(K)^p(7c/K - 3(i?2)'(K)"'"(K)p™(7Q)5; 
-2(fl2r[^5^ + ^52l+2(i?2)'[|5?] 

+2(ii2n^ + | (17) 



(167r^)^(/3lj'3^)t^^ = -4{Y^r{AnhpuCQ{R9r+^AEy'''{AD)kpMRi)f 
-4{Y,y^{YaUCQ{Ri)f + 4(K)^^(Ai3)fep„C7i(i?6)"' 
-4(Ac/)"^(At/)„pfcC„c(Ji3)r^' - 4{Y,riAD)kpm{R9r'CH, 
+4{AEy"''{An)kpm{Ri)TCL - 4{Y,r{YaUk{Ri)TCL 

-4{Y^r{YaU{R2yCH, + 4{Y^r{AD)kprr.iR5r'CH, 
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+4(y,)'"^(Fd)nfe(AB),p„(Ao)'-''"(i?3);'-4(y,)'"^(Fd)„fc(y,)„,(Fd)'-"(7?3);' 

-4(ye)'^(Ai,),i„(Fe)p,(AD)-^"(il3)j.''+4(AB)^'"'(Ai,),i„(AB),^^(AD)'-^"(ii3)j.« 

+4(ABr'"'(Ao)fc,„(ye)^,(Fd)"'"(i?3);^+4(Fe)'"^(>d)nfc(ADW<,(Ao)^'-"(i?l)r 

-4(ABr'"'(AD)fc!n(Ai3)p^,(ADr"(Jil)r-4(ye)'^(AD)fc,„(yd),p(AD)^'^"(i?l)r 

-4(ye)'^(Ac)«„(yd),p(yd)"^(i?9)'' + 4(ABy™'(Ai,)«„(AD)p™,(yd)"''(i?9)'' 

-8(Ay)^'"'(At/)„,fe(Au),p^(At/)'"^^(il3)?^-12(y„)"(AD)fc„i(>^«)p«(AD)''"''(i?3)?' 

-i2(y„)"(yd),fc(y„)p,(ydr(i?3)?^-4(ye)'"^(yci)„fc(AD)p^,(yd)"^(i?9)''* 

-4(Ji3)nC,J^ - 2[ac]^(Ji3)l^ - 2[C^c]'{Rsy^ 

-4(i?3)fe'a<=Cd<= - 4(i?3)fc'Ce<^Cd, 

+2(ii5)'^(Aj/)H„(y.)'''C„c - 4{R2y{YaU{YurCuc 

-4(7?i)^(AD)fc„,(AB)^"'"ac - m2nYdU{Y^rcd^ 

+4(i?5)''(Ai3)fe,„(y„)"'Cd, + 4(i?3)5^(At/),fe.(Ay)™'"Cd„ 
-4{Ri)U^n)kni{AEr"'Ca^ - 4.{R9y\An)kni{Yer Cd, 

+2(ABr'"'(Ao)Hn(y.)"'(>;)m.(ii2)'"-2(yer'"(yd)„fc(y„)"'(ye)^.(i?2)'^ 

-2(ye)'"^(yd)„fc(y„)""(AB),^,(7?5)''^-2(AB)^'"'(AD)fci„(y„)'"(AB).,^(J?5)''^ 

+2(ye)'^(AB)fc(„(y„)"'(ye),r(i?5)^'' + 6(y„)"(Aa)fe„,(ABr"(y„),.(Jii)r 
-6(K)'*(yd)ifc(ye)^^(y.),.(i?i)r-6(y.)"(AD)fc„,(ye)"^(y„),.(i?9)''" 

-4(y„)''*(AD)„^,(ABy'"'(AD)fci.(Ji7)'""+4(K)''*(AD)„^,(ye)'"^(yd).fc(i?7)'^" 

-4(y„)^'(yd),„(yey'(AD)fe,,(i?7)'-" + 4(Ac/)"^^(AD),™„(AB)^'"'(AD)«.(i?4)r 

+8(Ay)^^''(Ai3),^„(ye)'"^ (yd).fc(il4)r + 8(Ac7)'«''(yd),n(ye)'' (Ai3)fe(.(ii4)r 

+4{AEf"'{An)kin{Ri&uc + 4{Y,r\YaU{Ri&uc 
-4{Y,y^{AD)kiAR9rCuc + 4{Auy"''{ADUkiR3)fCec 
-4{Y^y'{Yi)ik(R2YC,^ + 4{Y^y\AD)kniiRsrC,o 
-4{R3y^Cec{Auy''"{Au)i,k + 4{R2yao{Yur{Ya),,, 
-4iR2yCec{Y„riAD)ki, + 4{Riy:Cuc{AEy''"{An)k,i 
+4{Rgy'CuciY,Y^{AD)k,i+4{R3y^[Cucf+4{R3y^[acf 

+2{Rsy^{AuWu^uy^^{iD); - 2{Rzy^{Y^u{Y^r{^iQ); 

-2{Rsyi{Yu)mi{Yur\lH,) - 2{R^yiCuo{^u)\ - 2{Rs)tC,c{^E)i 
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-2(i?3)fe'Cd,(7c)i+4(ABy'"'(AD)fe„p(7L)r(i?i)^ 
-A{Y,r\YaU{lH,){R,)Z - KY,f{^D)unAlL)'l{R,Y' 

-4(ye)'^(Ai>)fei„(i?9)"'(7i/i) - 4(Ac/)™'(Ac/)„,fe(i?3);'(7D)^ 
-4(K)'*(Fd)ifc(Ji2r (7«J + ^iYufiAn)knliR2y{lH,) 

+4{AEy"''{Ao)kiUiQ);{Rirr: - HYEr'iY.uijQmRifri 

-4(yer'(AB)«„(7Q);(i?9r+4(ye)'"^(Az,)H„(7Q)p(iii)?5: 

+4{Auy""{AuUkM;{R3rr^ - 4{Yuf{Yd)ik{7H,yR2y 

+4{Y„y\An)knl{jL);{R6r + 4.{Y^y\^D)knl{jLH,nR2y 

+MY^f{Y,),UjLHMR^r - 2(J?3)r (AD)'™"(Az,)fe™p(7Q)5; 
+2(i?3)f (Aa)'"'"(A^),^^(7^)5; - 2{R3)r{Y,r'iY,UiyQY 

-2{R3)Y{Yar\YaUkhH,) - 2{R3)Y{Aur'"'{Au)pmkhurn 

-2iR3)Y{Aur"'{Au)mr,khDrn + 2(i?3)f (n)'"' (Afl)*^'" (7Lff 

+2(7?3)r(Az,)'"'"(yd),n.(7L/^J„ + 2(J?3)l^[g<7^] 

-2{Rsy^[^gt - 453I + 2{Rsy,^[^gt - 4gl] (18) 



(167r^)^(^g,))l^ = -2{Yuy''{AuUkCd,{R7y'' + 2{Ydy^{AuUkCdARry" 

-2{ADy'''{Au)npkCdARl)i" - 2(Ai3)'^^(AD)fcp„C7Q(i?4)r 

-2{Ydy\YdUCQiR4)r - 2{Y^y^Au)pmkiR7y'^CH, 
+2{Yay''{AuUpk{R9y'"CH, - 2{Aof''{Au)mpk{Ri)rCL 
+2(Ao)""(Ao)fcp^(i?4)rC7d, + 2{Yay''{Ya)mk{RA)TCi^ 

+4(Fd)^'(Aa)nifc(yi),p(At7)'"-^(Ji4)t''+4(AD)''"^(At7)„ifc(AD)pm,(Aa)"'"''(Ji4)t' 

-A{Y^y\Au)ir^u{Yu)U^uy''"{RAy^ -2{Anr''{Anyin{AD)rnp^{Ao^^ 

-2{AuT''{Au)kln{Yd\rn{YdY''{Ri)7 -2{Ydy"'{Yd)uk{AoU^^ 

-2(Fd)^'"(Fd)„fc(yd),^(Fd)"'^(i?4);^-2(F„y'(Ac7)i„fc(y„)p,(ydr"(Ji9)'^ 

+2(y„y'(Ac/),„fc(y„)p,(Ao)"''''(i?i);''-2(Ai3)'"'^(Ai3)H„(Ac/),p„(yd)"''(i?9)''' 
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-2(ydy™(Yd)„fc(Ac,),p,„(yd)"''(i?9)''+2(Ac)'"'^(Ao)H„(A[/),p,„(ADr"(i?i);'' 
+2(yd)^'"(yd)„;,(Aj/),p^(AD)''™(ili);'' + 2(Fd)^'"(Fd)„,(Aj/)p^,(y„)"''(fir)"' 

-2[CQf{R^fi - 2[CQ]^(Ji4)f - 4(i?4)rCQC7d, 

-4(i?4)L^CQC7,, + 2(J?4)^^(Yd)i*(Yd)""CQ 
+2(ii4)^^(At/)fe„((AD)"'"C7Q - 2{R^)t{^u)iuk{^DT'^'CQ 
+2{R^y\Ku)ink{YdrCQ - 2{R,y\Ku)MydrCQ 
+2{Ri)t{Ya)iu{Ydr"'Cd^ + 2{Ri)U^o)kni{t^dr'''Ci, 
+2{Ri)t{Au)ikr.{ADr""CX - 2{R,y\Au)ikn{Ydy"Cd^ 
+2{Rry\AuUi{Ydy''Cd, - 3(y„)^'(At/)(„fc(Ao)"^'(y„),.(i?i)^'^ 

-3(F„r'(Ac7)i„fc(yd)*"(F„)<,.(Ji9)^'^-(Fdy'(Ac7)nifc(yd)*"(Fe)«.(i?6)'"" 

+ (AD)'"'^(At7)„,fc(y.)*"(AB).,„«(Ji5)''"-(AD)'"'^(At7)„,fc(y„)*"(Ye),n.(Ji2)'" 

-3{Any"''{Au)nik{Yuy"{ADyrn,{R7r'' -HYdy'{Au)„ik{Yuy"{Ya)AR7r 

+2(F„)^'^(Ac7)pnr.(Ao)'""(AD)fc,.(iir)'^" + 2(y„)^'^(Aj/)p„^(Fd)''"(Fd).fc(^7)'"" 
-2(Aor^(Aj/)„p^(AB)'"'*(Ao)fc,.(i?i)7 + 2(AB)^«(Ac7)„p^(yd)*'"(yd).fc(iii)7 

-2(y,r(Ac;)„„p(Ao)™"(Ac)fc,,(7?9)™-2(y,r(Ac/)„p„(yd)''"(y,).fc(7?9)™ 

-2(Ac)^''^(Ai3)^j,„(Ai3)'""(Ao)w.(il4)r-2(AD)^"(AB)r„pn(yd)""(yd)r/c(i?4)^ 

-2(ydr^(yd)n^(Ac)'""(Ao)H.(i?4)r-2(ydr(yd)nr.(yd)''"(yd).fc(Ji4)r 

-2(ydy^(ye)^„(Ao)''"*(Aj/)Hfc(Ji3)r+2(Ai3)''"(ye)pn(yd)''(yd)«(A£/)w/c(Ji3)7 

-2(Ai,)«''^(AE)„p™(AD)""^(Ac/)Hfe(i?3)r + 2(AD)'"'^(Ai3)M„(i?4):;'CQ 

+2(yd)^'"(yd)nfe(il4)™C7Q - 2{Y^y'{Au)lnk{R7y"CQ 

-2{Yat{Au)MR9rCQ - 2{Ao)''^'{AuUk{R^)ZCQ 
-2{Riy^CQ{Aor\AoUi - 2{RiyiCQ{Ydr{Ya)ik 

-2{R^y''CQ{Y^y'{Auyik - 2{Rg fcQ{Y^y''iAuy,k 

+2{R,y^CQ{Anr"\An)i,k + ^RiYtiCQf 

-{R^n^Y^MY^yi^u); - (Ji4)i'(y.);^(ye)'"'(7«.) 

-{R4n'{AD)nmliADr"'H^D); - {R4y'{AD)mnl{ADr''\7L); 

-{R,y\Y,y„{Y,y''{'yo); + {R,y^{Yay^{Y,y^{^„,) 

+(Ji4)i'(Ac)w(yd)'"'(7iffJ" + {RAy^{Ya)im{Anr^\^LH,h 
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-2(i?4)i'CQ(7Q)I - 4(i?4)f Cd,(7D)L + 2(AD)'"'^ (AD)fe„p(7L)r(i?4)tS 
+2iYay"^iYaU{^H,)iR4yZ - {Anr"iYaUiyH,){R,)Z 
-2{Yay"'{An)knp{jLH,r{R4yZ - 2{Yuy\Au)npk{ju)?{R7y'' 
-2{Kn)'^'{Au)pnk{lD)Y{Ri)Z + 2(ydy'(Ay W(7D)r(Ji9)'^ 
-2(AB)'"'^(Az,),,„(i?4)r(7D)^ - 2(F,)^'"(F,)"'=(i?4)r(7i>)^ 
-2(F„)^'(Aa)ifen(i?7)"(7ff2) - 2(AD)""^(At/),„;,(J?i);"(7i)^ 
-2(AD)''"^(Ac7)ifc„(ii9)'"(7iffi)m + 2(Fcir'(Aj/)„,fc(Jii)^(7LHj^ 
+2(Fd)^'(Ac/)nifc(Ji9)'"(7Hi) - '2{KnT'\Kn)kin{lQTv{Ry)Z 
+2{Yay'^(YayMviRi)Z - 2{Y^y' (KuyUlD);{R7y^ 
-2{Kuy^' {I^u)nik{lu)p{R9t + 2{Ydy\Ku)nik{lu)p{R9y'' 

-2{Ry)i\^ur'^\^^u)mpk{lDYr, - 2{R^yy {Aur'"\^u)vmk{luYu 

-2(7?4)f (AD)"""(AD)fcpm(7LK - 2{Riyy{Yar\Yi)mkhH,) 

+2(i?4)f (Ai3)'"'"(yd)^fe(7iffJ„ - 2{Riy\YiY\Ya)^k{lQYn 

-2(ii4)f (Ao)'"'"(AB)fc^^(7Q)^ + 2(ii4)f (Fd)"''(Ai5)fc^p(7L«J'' 

-2(Ji4)f[|st - 45I] + 4(i?4)f[^ff^ + \gt + 12ff|] + i ^ fe (19) 



{IQi^^fiP'ilr = +6(AB)"^'(r„)p„C„c(i?3)f +6(Ac)"'''(y„)p„(i?3)rCd. 

-12(AD)'""(F.)i„(AD)r.p«(yur"(i?6)^^ + 12(Ac)'""(K)i„(yd)p^(Kf'"(Ji2)^ 
+12(Ao)"'''(K)(„(Ac),p^(At/)"'-^(Ji3)f - 4(i?5)'^[C7H,]' 
-2[C7i]'(i?5)*'' - 2[C.cf{R^f - AiR^y'CecCH, 

+6(i?3)'™(K)„!(AD)m«nCL + 6(i?3)'™(K)ni(AD)™"Cif, 

+ 12(Fe)"(yx)r.n(At/)"'^«(y„)p.(i?4)r+6(ye)"(K)r.n(Ai3)''«'-(F„).p(iil)r 
-6(Fe)'^(yu)™(yd).n(K)rp(ii9)'"^-12(A^5r^(AB)^p4Ao)'""(K),.(iil)J'- 
+ 12(Fer(AD)™p(AD)'""(K)!.(Ji9)"'^ + 12(ye)'^(yd)nm(AD)"'''(y„),.(i?l)^'- 
+6(AB)™'(y„)(n(i?3):;'Cec - GiRsf^CeMDr'iYuU 
+4iR5flCLf - 2{R5f{AEynm{AEy''"'{^L); 

-2{Rnf{AEynm{Yer'hLH,r " 2{Rnf{YeU{Y,r^{jL); 

-{R,y'iAE)nM^Ey"'\'yE); - (RsyiYeyniY^y^i-fE); 
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-(i?5)'^(AE)w(AB)'"^'(7L);^ " (i?5)'^'(Fe)i,n(V;)""(7Hj 

-2{R5f{YeU{Yer'{-(H,) - S{R,y^{An)min{ADr"'{-tQ)p 
-2{RnfCL{7L)i - {RnflCH.jH,] 

-6(Az,)"'"(y„)„p(7Q)r(i?3)^' + 6(Ai,)™"(y„),„(7?3)r(7i5)^ 
+6(Ao)"'«(F„)i„(7y);(J?3)™ - SiR^fiYuUniYur^ijuTn 

-3{Rnf{Y„)nm{Yur"'hQrn + 4(i?6)'"'[C7ec]i, 

-2{R,r[^gt + ^gl] + 2{R,r[^gt] 

+m^f[^9t + lgt] (20) 



+2(Aoy'^(y„)p„c„c(iii)r - 2(yd)^'(y„)p„c7„c(ji9)*" 
+2(y„)"''(y„)™j,(7?7)'"^C/f2 + 4(AD)""(y„)™p(i?4)rc7d, 
+2(AD)^"''(y.)pr„(iii)rCi - 2(yd)''^(y„)j,^(ii9)™c7H, 
-2(y„)"(y„)„,(yu)<,p(y.)"^(i?7)"+4(Ac/)'"'^(y„)„KAt/)<,pm(ADr"(iii)t^ 

-4(Ay)''"^(y„)„KAt/),p^(yd)"^(i?9)''-4(Aor'"'(y„),„(AD)p^,(Aj/)"'^^(Ji4)j.^ 

-2(y„)-"(y„),„(yd),p(Ac/)"^'-(i?4);'' - 4(i?7)"'[CH,]'4 

-2[CQf{Rry' - 2[Cdj'(il7)'' - 4(i?r)'^C7d,C7H, 
-^{R-jy'CQCH^ - 4(i?4)j^(y.)in(At/)"'"^C7d, 
-2(Ji9)"(y„)„K>d)"'C7d, - 2(Jii)^(y„)„KADy'""C7d, 

+ 2(i?7)'''(y.)ln(y.)*"CQ + 2(7?4)™(y.)ln(Ac)'""^Cff, 

-2(ii9)"(y„)„K>d)"'c«, + 2(iii)^(y„)„KAo)^'""c7«, 
-2(Jir)'^(y„),„(y„)'"Cff, - 3(K)"(K)„K>'ur(>'u),.(^9)''^ 
+3(y„)"(y„)„KAi3r"(yu),.(iii)r + 3(AD)^'"'(y„)i„(y„)*"(Ad)™^(ii7)'"" 
+3(yd)'^(y„),„(yu)'"(yu),.(i?7)'''-(Ao)^'"'(y„)(„(y„)^"(AB)''^'"(i?5)''^ 
-(yd)'^(y„),„(y„)'"(ye),.(i?5)''^ - (ADr'"'(y„),„(y„r(yeV.(Ji2r 

+4(AD)^<'*(A^,)„p^(Aj/)''"^(y„)w(Jii)r-4(yd)'^(At/)„p^(Ac7)''"^(y„)w(i?i)r 

-2(Ao)^^'(AB)„p^(AD)^"''(y„),,,(i?3)r-2(Ao)^^'(ye)p4yd)''(yu)ir(i?3)r 
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-2(y,)'^(ye),nn(ADy'"'(y„),.(i?3)r + 4(AD)«^^(Ai,),„j,„(Ar/)''"^(y;)«(i?4)r 
+4(yd)^^(yd)n,„(At/)''"^(F„)H(i?4)r-4(Ai3r''(y„)p4y„)''(y„)H(i?i)r 

+2iYar{Y„)j,r,{Y„fiY^UiR9y" + 2{Y„f (Y^UiRrr Ca, 

+4iAu)'"''{Yu)ni{R4)';:cQ + 2{ADy"'\YuU{Riy:iCQ 

-2{Y4^{Yu)ir.{R9rCQ - 2{R^yX'Q{ADy"''iY^yi 
+2{Rsy'CQ{Yay^{Y^yi + 4{R4y:CQ{Auy^' {Yu)i, 
+2{Rry'CdAY„y^Y„)i^+4{Rrf[Cdf+4{Y„flCQy 
-2iRrf{Yd)miiYdy"'hH,) + 2{RrfiYaUi{ADy''"'hLH,y 
-2{R,fiAD)in^{Any'"^{'YL); - 2(7?7)"(Ac;)w(Ac;)™^^'(7d); 
-2{Rvy'{Au)nmi{Auy"''M; - {RrfHyuMYuy^'ijH^) 
-{RryHYuhniYuyilu); - 2(y„)"Cd,(7D)f 
-2{Y^fCQ{yQy - 2iRrf[CH,yH,] 

+2{Y„f{Y„y„{yuy{R7y' + 2{Any"''{YuU{yQ)?{Riy^ 

-2(Fd)'^(y.)np(7Q)r(i?9)''' + AiAuy^'iY^uMTiR^yz 

+2{Yuf{YuU{R7rhH,) + 4(Ac)''"^(K)„i(^i4)r(7D)^ 

+2(Acy™'(y„),„(i?i);"(7i)L + 2(AD)^'"'(y„),„(7?9)™(7i^fJ^ 
-2{Yay'{Yu)i„{Riy;'{-,LH,y - 2{Yay\Y^)i„{Rc,y"{jH,) 
+2iY^fiY^yi{^Q);{R,r + 2iAay"''{Yu)ir,{^u);iRiyZ 

-2{Yay'{Y„)Uju);{R9y'' + 4{Auy"'Hyu)ni{7Q);{R4yz 

-3{R7y'iY^r"iynUpiiuy - 3(i?7)"^(y.)"™(y.)p^(7Q)?; 

~2{R7f[^gt + lgl] + 2{Rrf[^gt] 

+2{Rrfl^gt + l9t] (21) 



{WTryi^'aly' = +2iydy''iYuyr>CQiR9y' -2{Anr\YayMRir 

-2(AD)'^*(ye)pm(i?3)f"'Cd, - 2(y„)"(yd)p^(Jir)*'"Cff, 

-4(Ac/)^''''(yd)„p(i?4)r"Cd, +2(Ai3)""'(yd)„,(Ai,)p™,(Ad)'"-"(i?i)^- 
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+2(y,)«(yd)„,(yd),p(Aor"(j?i)?^'-2(Ao)""'(Fd)„,(AB)p,„,(yd)"''(7?9)''' 

+2(Fd)«(yd)„,(>'ci),p(Kd)"''(i?9)''^ -2(Ai3)'™(yd)ni(AB),pn.(Ai3)^^"(il3)^/ 
-2(Ao)''"*(Fd)nKi"e),.«(Fd)"'^(i?3r/+2(Fe)'"(Fd)„K>;)p,(AD)'^^"(i?3)r 

+4(Ac/y'"'(Fd)ni(Ac/)''^™(Y„)"^(i?7)'' + 2(y„)'^(yd),„(K)p,(Ad)"'-''(i?i)t'' 
-4(Aa)^'"'(yd)nKAt')''''"(AD)''^"(J?i);''+4(Aa)^'"'(Fd)nKAt/)'^'"(>d)"''(J?9) 
-2(F„)'^(Fd)in(y.)p«(ycir"(i?9)'' - 4(ii9)*^ [C7ff,]' 
-2[C7Q]'(fl9)*'' - 2[C^cf{Rgy^ - 4{Rgy^CucCH, 
-{R^yCQCH, - 2{R,y'{YaU{Y^rCn^ 
+4(ii4)^(yd)(„(Ay)^""'C7„c - {Rgy^{Ya)in{Ydy^CQ 
+2{Ri)g{Ya)in{Anr"''CQ - 2{R3y^{Y,U{Aor"'CQ 
+4(7?4)™(yd)in(Ac/)^''""C«, - 2iR7f{YdUiY,rCH, 
+2{Rgy'{Yd)in{Yay"CH, - 2{R^y4,{Ya)in{ADr"''C„, 

-2iR3y^{YeUiADr"'CH, + 12{Yuf{Y„)mn{Aur'{Yd)^riR4)7'' 

-6(K)*^(K)^„(y„)'^"(yd).p(i?7)'"^-6(y„)'^(y„)„^(AD)'^<'"(yd)p.(Jii)r 

+6(y„)'^'(y„)„™(yd)"'-(yd)p.(i?9)''™-6(y„)'-'(y„)„™(Ac)^'-"(ye).p(7?3)r 

-(Ao)'™(yd)ni(y«)"'(AB),^.(ii5)''''-(yd)''(yd)n((y«)"'(ye)r,(i?5)''^ 

-{AoY'^^YuUiYur {Y,y,{R2y - {Yay^YdUiYuTHydMRry'" 

-(Ao)'™(yd)nKK)"^(AD)™,(ji7)«'--3(y„)'^(yd),„(Ao)"^*(y„),,(jii)«'^ 

+3(y„)'^'(yd),„(i'd)-(y«)"'(^7)^''-4(ADr^(AD)„j,™(Ac/y™'(yd)H(iii)r 
+4(yd)'^(Aj/)„^p(Ay)^""(yd)H(ii9)''" + 4(yi)^''(At/)„^j,(Ay)^""(yd)H(ii9)''" 
+4(y„)*^(Ac7)„p^(At/)^'"'(yd)w(i?6)'^" + 2(y„)^^(Ac)„^p(Ad)'"''(yd)w(i?B)'^" 
+2(y„)"(yd)p„(yd)*'(yd)H(i?B)'"" + 4(y„)''^(Ao)„„p(AD)"'"(ye)i.(i?6)"'^ 

-4(y„r(yd)p„(AD)'""(ye),.(i?2)'' - i8(y„)'^(y„)^K^9)'"'c7jfi 

+2(AD)'"''(yd)ni(-Ri)m C.c + 2{Yaf{YaU{R9y''Cuo 
-2(AD)'"'*(ye)i„(ii3)4"ac - 2(K)'^(yd),4i?7)'"C7Q 
-4{Auf"'{Yd)niiR4)'^CQ - 4{R4y:CQ{Auy'^{Yay, 
+2{Rry"CQ{Yuy'{Yayi + 2{R^y^Cu^{ADy"\Ya)i, 
+2{Rsy'Cuc{Yay''{Yd)i, + 2(ii3)i'C„c(AD)'^"(ye)„i 
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-2{Rsf{Y^U{Y^r{^Q); - 2{Rsf{Y^U{Y^r^{^H,) 

-(Ji9)'^(Fd),^(Fd)''"(7Hi) - {R9y'{Yd)in{Ydy''{jD); 

+ (J^9)'^(AD)n„^^(AD)''"^(7i3)p " (i?9)''' (Ad) w (Ad)"'^' (7^)^ 

-{R9)"iYu)ln{Yuy^{'Yu); - {R9)"{Yu)l„,{Yuy"\jH,) 

+{R9f{^DUni{Yay'^{^LHX - 6{Y^U{yuy'{Rrr''{yu)l 
-6iyu)imiYuf{R'rT"'bQyp - 2{RgfCuc{^uyi 

+ {R9y'{Yd)lm{ADr'"hLH,)p - 2{R^rCQ{-iQ)\ 

-2{R.,f[CH,-iH,] + 2{Yay'iYaU{lD)?{R9r 
-2{Aoy"'\YaUilD)?{Rirri + 2(AD)'""(Fe)„^(7L)r(i?3)4^ 
+2(Fe)'"'(ye)np(7i«J"(i?3)?^ - 2(F„)'^ (Fd)„^(7Q)r (Jiy)''' 

-4{Auy"''{Y^U{'rD);{R4yz + 2{Y^y'{YaU{RgrhH,) 

-2{Any^\Ya)ni{Ri)7{lLYm - 2{Anr'\Y,)UR3)i^{lDYm 
-2{Auy^\YiU{R^r {^LH,)m + 2{Ydy\YdU{Ri)';' {^LH,T 
-2(F„)'^(Fd)ni(^7)*"(7ff.) - ^{Avf"'{YaU{Rl)7{lDfm 
-2(Az,)'™^(y,)„,(7Q)p(i?i)^^+2(yd)''(Fd)„,(7Q)^(i?9r 

-2(Ao)'""(ye)in(7B)p(J?3)^„^ - 2(y„)'^(yd)i„(7D)p(i?7)''' 

-4(Ac,r'"'(yd)„K7Q)p(i?4)^ - Z{R,f{Yar-{YaUAlD)l 
-i{R,f{Yar"'{Ya)p^{^Q)l - {R,)^ {AEr''\Y,)^^{^L)l 

-{Riyi^Er-^'iYUAlEY + {Rl)?{Yey^(YeyA'^LH,Y 

-2{R,f[^gt + \gt] + 2{R,r[^gt + 1253^] 

+2{R,r[^gt + \gt + 12gt] (22) 
Two-loop /3-functions for the various 00* mass terms are given by: 



(i67r^)^(/3^p} = (igtt^)^/?^^^*'*'*^ - 2(y„),.,(y„)'"'(i?i)f (ft)^, - 2(y„),.,(y„)^^(ii9)''(i?9): 

-2{AD)kmj{f^Dy"'''{R7y\R7U - 2{Ya)MYdriR7y''{R7U 

+4(Ai3)"='(AD)^fcp(i?4)r(^i4)r„ + 4{YdfiYd)pmiRA)riR4)Tn 

+2iY^y\YMR7r"iR7)jn - 2{AD f\YMRlYr{R9)3n 
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-2{Yay''iAo)krnAR9r"iRl)Tn + 2(Fd)''= (Fd)pfe (iig)^" (i?9 ),n 

—2Chi {Rsy''{R9)jk + 2CL(-Ri)j*(Jii)ij 
— 2Cuc(i?i);*(i?i)'-j, — 2Cuc(J?9)''°(i?9)jfc 

-2Cd,(i?7)''=(i?7),fc - 4CQ(i?4)l"(i?4)i, 

-2(E4)f (ii4)U(7Q)r - (Ji9)''=(j?9).>„(7t/)r 

— (-R7)'*'(-R7)jm(7D)r — {Rl)}'' {Rl)jm{'yu)T 
-2(i?4)f (Ji4)r,(7Q)L - (i?7)''(Ji7)jfc(7«J 

-{R9yHR9)jk{lH,) - {RitiRi^ML (23) 



(167r^)^(/?^1 )} = (167r^)^/3^^^^^^-2(y„),,(K)^-(il9)'='(J?9),p-2(y„),,(F„)«''(iii)r(ili)^, 

+8{Auf''{A'')kmp{R4)r{Rl)nj - 8{Auf''{A'')kmp{R4)r{R9)nj 
-4(F„)'='(y,),p(i?7)"^(J?9)n,- - 2{Y^)''\A'')^mk{R7r''{Rl)Z 

-2CaM;)WR;)\k - ^CL{Ri)T{Ri)ij 

—4:CHi{R9)''\R9)kj — 2Ce':{R3yi'{R3)kj 

-4CQ{Ri)f\Ri)i^ - ACQ{R9f\R^)ui 

-2(J?i)r(7?i)L,(7Q)r - 2(7?9)'='(J?9)™i(7Q)r 

-2{R3t{R3)]m{lE)i: - 2{R,)r{Rl)UnL)L 

-2{R,f\R^)ui{lH,) - 2{Rst{R3)]k{lD)L (24) 



(167r^)^(^^1 )5 = (167r^)^^^l^^^^-8(At,)"'=(K)„K^i4)r(^7)^fc-4(Fd)"(y.)in(i?3)r(-R2)- 

+4(AD)*'='(y„),„(i?3),"'"(Ji5)fcrn - 6(AD)^'"'=(AD)„,p(Ji7)'=*(i?5)<,p 

-6(Fd)fe,(yd)'''(i?7)''(il7),p + &{Auf'\YuU{Ri)r{R7U 

+4CdAR3)f{Riyik + i6CdAR4)f{R4yki 

-AC„^{R-,f\R-r)kj - 4CQiRr)''\R7)kj 

-{R3)f{R?.ykm{iE)T - {R'^f {R',ymk(nu)T 

-4{R3)f{Rz)l^{lQ)T - 2{R,f\R7U,{lQ)u 

-2{Rrf\Ry)kAlH,) (25) 
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-3(Fe)ifc(Fd)^^(i?5)^'(7?7),p + 6(AB)"*(y„)fep(/?3)r(^5),n 

+12CL{Ri)f{Ri)li - 2CH^{Rr>y\R^)ik 

-2Cec{R6y''{R5)jk - 3(-Rl)j''(-Rl)^A:(7Q)r 
-3(-Rl)*'(-Rl)fcm(7£/)r - {RsY'' {R5)jm{'yE)k' 

-{R^y\R^)^k{lH,) (26) 



{l&^fip''^,)) = {IQ^^fp^^,^''^ -Q{Y^),k{Y.Y^{R,y\R7U 

-6{AE)jmk{ADr"'''{R5 f\R7)p, - 6{YeUj{Anr"'^{R2y{R7)p<, 

-6CdAR3)l\R3)kj - 4CH,{R2y{R2)j 
—4Ch2{R5)'"' {R5)kj — &Cu':{R3)l'{R3)kj 

-4CL(ii7)"(i?7)fc, - 4Cffi(i?2)'(i?2), 

-2{Rsf\RsU{'yL)T - 2{R2y{R2)AlH,) 

-3(i?3)r(-R3)U(7t/)r - 2(i?2)'(ii2),(7«,) 

-3(i^3)f'(i^3)S(7D)L - 2{R^f\R^)ui{iH,) (27) 



(167r^)^^^1 = (167r^)^/3|^r^«^ - 6(y,)''=(y„),„(Ji5)'""(i?5)^fc - &{Y.t{Au)MR^T"'(R3Ymk 

-6(yd)"(Az,),p„(7?9)"'"(/Jl)^„ + 6(yd)"(ld).i(i^«)'""(^9)fc,n 
-3(Fe)r./c(Ai3)^™^(i?2)"(7?7)p, + (ye)m/c (Ad)'*"" (il2)'= (i?5)p, 
-(Fe)„.fc(Fe)"'^(i?2)'=(i?2), - 6(Fd)'='(y„)fcp(Ji3)r(i?2)„ 
+ 12CHi(ii9)'='(Ji9)H - 2CHAR2f{.R2)k 
-2CAR2)''{R2)k - 3(i?9)"=(i?9)mfc(7Q)r 
-{R,f\R9)km{lu)T - {R2)\R2)k{lH,) 

-{R2)\R2)k{lE)i: (28) 



(167r^)^^^'l = (IGtt^)^^!^^^^^^ + 12(y„)'='(At/),^„(iir)'""(ii4)^^ + &{Yu)''\YuU{R7r''(R7)km 
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+ l2CHAR7f\R7)M+^C„^{R.2)\R2)k 
+^CH,{R5)'"iR5)kl - iR2y{R2UhE)r 
-3{R7'f{R7)km{lD)r - (i?2)'(i?2)fc(7Hj 
-3(i?7)"=(i?7)^fc(7Q)r - (i?5)"(i?5)fc™(7E)r 

-{R^fiRsUki-fLT (29) 



(167r2)'(/3('^ = (16^')'(/3<T^^) + 6(AD)"(Ai,),p„(ii9)"'"(i?i)^,„ - 6(AD)"*(y<i)„,(i?9)"'"(i?5)fe™ 

-3(F.),„fc(AD)«'"''(i?5)"'(i?7)p, + 6(AD)"'=(K)fep(i?3)r(^2)n 
+ 12CL(i?g)'='(i?l)w - 2CH2(i?2)'(7?2)fc 

-2a=(i?5)""(7?2)fe - 3(i?9)*'(i?i)L™(7c/)r 

-3(7?9)"=(i?l);,,(7Q)r ~ (i?5)"'(i?2).(7H,) 

-(i?5)''(i?2)™(7i.)r (30) 

where 



= Iff! + §52 + ^P?, ao = |g| + Ag2^ C,c = |g| + i5?, 

(31) 



Ce'' - f ffii C'ff = §52 + 4)9i- 



We have the following results for the <^<^-type terms: 



{IGn'flS^^l = il67vyi3^^^''''^'+ (32) 
(167r^)^(/?^|)' = (167r^)^(/?^\|^^^^)+ (33) 

In our calculation we use the results of Ref [19] which gives two-loop /3-functions for 
a general gauge susy theory for standard and non-standard soft susy braking terms 
, and also we assume ttif is zero in Eq. (4) (therefor rm and m,- are zero in Eqs. 
(14) and (15)). 

To check our results,first we have calculated one loop RGBs for both standard and 
non-standard terms, and have compared with ref [TT]. Our results are the same as 
theirs. Moreover; to test the method we have obtained the two loop standard soft 
braking /3- functions which are consistent with results in ref |20) . 
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3 Conclusion 



In this paper we have expanded the study of the RG evolution of non-standard soft 
terms up two loop, and presented the two-loop renormalisation of the R-parity violat- 
ing extension of the MSSM with the most general possible set of soft breaking terms 
consistent with naturalness. 

Typically, we expect effects of the two loop /3-functions make a difference of several 
percent in compare with effects of one loop on the standard running analysis such as 
Higgs physics and the scalar quark sector of the MSSM; however it is quite difficult to 
make consequential estimates of the size of the two-loop corrections without commit- 
ting to a specific model. Moreover it is desirable from the point of view of consistency 
to use the full set of ^-functions 
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